1. Fie Sr mulţimea de soluţii. Considerăm a<b.
(a) Sr
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 dacă r < b - a  din r=|x - a| + |x - b| ≥ | (x - a) + (b - x)| 

Sr=[a,b], dacă r= b – a

Sr are două elemente, dacă r > b – a.

(b) -1, 0, 1 
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 Sr (r fiind valoarea comună a expresiilor din enunţ) 
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a ≤ -1 şi 1 ≤ b 
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 | a – b | ≥ 2.

2. Scriind vectorii în funcţie de 
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, avem 
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 EMBED Equation.3  [image: image8.wmf]2
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Xk 
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 Q2 (k=1, 2, …, 8) 
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 x1 = x5, x2=x6, x3=x7, x4=x8.

3. Existenţa. Definim:
(*) n= min {t
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N | 2 
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 t! 
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 N}

a2 = [2q] şi ak = [k! 
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 q] – k [(k - 1)! 
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 q] ; (k = 3, 4, …, n)

Atunci:

i) n > (din (*))

ii) 
[image: image18.wmf])!

1

(

!

!

1

-

-

=

-

k

x

k

x

k

a

k

k

k

  (k=3, 4, …, n) = q =
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 unde xt = [t! 
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 q]  (t 
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iii) (k – 1)!q = x = z + f (z 
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 N şi f 
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 (0, 1)) 
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kx = kz + kf  < kz + k 
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           0 ≤ ak < k  (k = 3, 4, …, n)
Unicitatea evident!

 4.

(a) Considerãm:

i) --descompunerea [0,1)=
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ii) sumele xt={
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} (t=0,1,… n) 

Relaţia cerutã are loc în baza principiului cutiei

(b) Din |k
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 EMBED Equation.3  [image: image31.wmf]2
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, deci existã numere raţionale care satisfac condiţia din enunţ 


Dacã ar exista un numãr finit de numare raţionale q1=
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 care sã satisfacã condiţia din enunţ, alegem un numãr,alegem un numãr natural m din 
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. Aplicând (a) numarului m se obţine o contradicţie
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